o MRERYLERT LY
o MEMEHBEESL? (NESHE)

o AT HIEITELE (RO M ANE)
o fNALTHHUNE

o RIYHEEE
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o MERILEXNELE
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M B Y &8 3o L 1

o (X, T, u), (X,T,v)—ME=E.

vy RERME, B(X) < .

o v 2AMME, v XTusxHiEE (v < w):

YAel

u(A) 0 = vy(A)=0.
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M B Y &8 3o L 1

o v KT utEXESF|RE:

y < = lim v(A)=0.
Ju #W%()

R BREV AN 0 -

Ve>0, 36>0, HAel, u(A)<off, Bv(A)<e
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PR RO pES £

Ael

WERR: “ =" wu(A) 0= v(A)<e (Ye>D0).

" =" RIEE: Jeo, FAneT, p(An) <z, v(An) > 6.

Borel-C = . o0
—= A:=lim A;, u(A)=0, v(A)=limv(U Ag)> .

n—oo n—oo k=n
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Radon-NikodymEIE: | E iR Tnlg

Theorem 1 (Radon-NikodymEIE)
W BRI E, M

3! felL T (E)nL'(E)
U<Lme = du = fdm.

Fig: RSB X THE—
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m(E) < oo.

Oel:={geL*(E)nL"(E): du- gdmBIEME].

du — gdmZIENE — f gdm<u(A), VA c ERT
A

Alfel

/l::supfgdm : ffdm
ger JE FIE JE
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ME: TSR EEEHA:

91,92 € I = max(g1,g2) € T

UERA :

j; max(g1, gz2)dm

f g1dm + f godm
An[g1>g2] An[g1<g2]

u(A N [g1 > go]) + u(AN[g1 < g2))
= u(A).

N
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Radon-Nikodym < JiE

BUARAE R 5{gnlnst T : fE i =

_ hn := max gk € TtE2REFT

1<k<n

N ffdm: lim fhndm<d#(5)-
E E

n—oo

[E
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dv:=du-fdm = V(A):,U(A)—ffdm
A

—— v MEERNE
> y = 0
RiE%: v#0= v(E)>0= ¢ >0: eom(E) < v(E)

dv — eodmZFFSME, KIUR KA BHahn 3 ##(E., E.)

———  VAUEACE: emANE,)<v(ANE,)

Er-@(FERX)



:———>f(f—|—eg/\/5+)dm<ffdm—i—v(AﬂE+)<,u(A)
A A

—= f+exe, €T f(f+eo)(5+)dm>ffdm, X &
E E

ANFSERAM(E, ) > 0:

u<m v(A):=,u(A)—fA fdm

e 0<(v-em)(E) = (v - om)(E.) <0
<|(V—em = (v—€em ) x U.
m(E+)=v(E+)=0 ° °
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1Fii§tfeL1ﬁ‘ﬁHfdm:0:=>ffdm:0 YVA——=f=0 a.e.
A

RIE%: RIHEFT £ 0(a.e. BEX ), T

m([f* > 0]) >0

| =0=0= fdm = ftd
g =0=>0= [ am m

[f+>0]
FIARIEE

f fTdm > 0.
[f+>0]
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feL'(E) == |fldm < dm (Radon— NikodymE3I®)

= lim f|f|dm—0
m(A)—0 Ja

& Ve>0, 16>0, HAel, m(A) <ok, B

f |fldm < e.
A
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RO AEARRAENZ AT

feL1
o m(A)= f |fldm = 0.
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RN ERFRALESSHE

o MPARFRLEARZHE:

fe L'R") = lim f |f(x)ldx = 0.
|x|>k

k—o0

WERA : = Jim Ln OO X [y pqg (X) AX ZHIE 0.
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A=3

o T EUME
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IRAR T+ B R

o MM E 8]

o SRt HUNE:

1S 4+ +2,=1, 4 >0

o EEEHS: Zy — R &AM

Er-@(FERX)



AFI B —HFR 5

o MMALFZE R T INE I+ HUN B A9FR
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o ME¥yp: (a,b) — R:

n n
o> 4a) < D ().
= =

Vaje(ab), 4;>0, A4y +---+2,=1.
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Jensen &=,

o JensenfZER:

go:(a,b)HR — ¢(ffd,u)<f<p0fd,u,
X X
L (X

f 5§D
SV f X —2, (2, b)RRSI

EA(X, T, p) R IEEBENE =8
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Jensen PSR 4L

o Jensenf"ER:

(X, M) BMESE, u(X) e (0,+c0). M

go:(a,b)HR — gp(lﬁfxfdp)aﬁfxwfdp,

fel'(X.u)

Y f: X (a, b) AL

Hep(X, T, p) —2IEENESE:
#(X) € (0, +-co).
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:%} ()p(ffdﬂ) < f()pofdﬂ
HERIEE T X X
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JERA:

Q:Mffdue (a,b).
X

(a=a = fx(f—a)d,u—o

— f-a= 05u(X) =1F&.)
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(o, (o)) BT 12 S

o(a) + k(x — a).

ol

—  ¢(a) +k(x-a) <p(x)

Ra

—_— w(a)<f¢ofdﬂ-
x:=f(t) X
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° MHWEE
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R BB EREFR 7R Layer cake reprersentation:

RBHMERET (7
N /\/f—1(t +oo)(x)
e/ A AN Jo ’

f(x) dt

° ﬁﬁE@iﬂlXﬁ%Hm)(x) ——— AR (X)
o [EE#EL Rx, MER T HEEENFHERNAMRR:

X -1 (t,+oo)(x) = X[O’f(x))(t)

RN B
o (Tt 2R ANER o aRm
i Tk
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ERERTHER

o
7 g E %5 72Is N g
FEE N, T s
B|RERT
o EMMERET—— — RSNERER
3B

Er-@(FERX)



MTBERERT

RO R ERRT e
fAEBFEM  Jo

fE f(x)du(x) W (o)) Lot

fER T KRR E
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PR R EEE:

° MHWEE:

o
RO B ) RREE AT ETAE)
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R #E#£: Rearrangement
o HEHEE

A)=m(A*
m(A)=m(A~) A* = B(0, )
m(A)<oo

o HERHHEE

o AT IAVERE

FO)="x" X)dt
LR N LR > f T 5

f(x) fo e +m x)dt
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R B E R AR

o B BEEM 1 =

o fIRFM: f<g=Ff<g

B TA c gIERTH

D EER T
o it Iy BEBEEET 0

o MEEAME: |If -g'lh <IIf-gll

(ZMLieb {Analysis) )
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