AHAR: NMEILRIFLE

o MRS  SEOWHIMA

o FSNE

o ENE

Er-@(FERX)



M HeME S
RENT B R

Er-@(FERX)



HET BRI E =

o REEME: f = fdm

G

f fa f~ If| Ref Imf

v A a V| Rev Imy

1~
R

~,
>
M

Er-@(FERX)



R # HIHahn-Jordan 47 fi#
LebesguellEZE(R", Z(R"),m),  f:R"—R

o Jordan/fig: f— ft—f =frdm-f-dm = vt — v~
e Hahn4fi#: RM = [f> 0] |[f < 0] =: AT | |A~

o MWHEEA:

vi(AT) = fA_ dyt = f[f<0] f+dm = 0,
V+ 1y &
vI(AT) = [, dv = f[%] f~dm =0

Er-@(FERX)



R 2 BYHahn-Jordan 43 %

1. cBRRME

f*Zz—rAI#.

2. ARWE

f AT
Hahn43fi#: R" = [f > 0] J[f <0] =: AT JA~
FZEfdmTNEME—. [f = 0|=2|fdmETME.

vI(E)=v(ENA}) = f fdm, v (E) =-v(ENX_) = sup —v(P)
EnAL PcE

Er-@(FERX)



o MEME

SHRTEASSEINAR:  SUEESE(R, L (R, 1)

Er-@(FERX)



5 NE

AGMEE(X, M) XRIEZES, rc2X Bo-R#.

°o FFEME
u:l——— [~oo, oo)Ejz(—oo, +o0]
o u(0)=0
+oo oo
o u(l A)= X u(Ax).
k=1 K=1

Er-@(FERX)



5 B B9 51 1

AL =S [E] (X, T):

wvEIENE, BEF 2z —RBRVE —— - vEFSNE

Er-@(FERX)



5N E R B F2

Lebesguell E = [B)(R", £ (R"), m).

. fi\z_e $1 L=

0 f=ft—-f——v=vt—v =ftdm-fdm
o R'=A | JA_=[f=0]][f<0]

vi 1y &= vT(A) =0, v (AL)=0

o ETENE: vl =vt +v- =|fldm



55 E R ERR AL &

AU=EE(X,T): vEFSUE.

e  Jordan#fE: v=vt-v, vt 1y, VvERIENE.

o Hahn#iZ: X =X.[1X., v'(X)=0, v (X.)=0
o LTTEME: =v+v

o FISMIERYIERRFISER:

vT(E) =v(EnX;)=supv(P), v (E)=—-v(EnX_.)= sup-v(P)
PcE PcE

Er-@(FERX)



Hahn 4y f#F0Jordan 4y fiZ B ME— 4
MEZE(X,T,v): vEfFsSNE.

e Jordanyfig: AoER

v = vi—y7, vt Ly, VERIEME
VM = vt+v
e Hahnyf:

X=X | |, v"(x)=0, v (Xy)=0

Xy, X HBEN|- TN EME—

Er-@(FERX)



ETEME

|v

|
g
©
/——/ﬁ
DNgt
=
L”
m
I
[ =
m
——

Er-@(FERX)



KT HASMERIRS

ffdv::ffdv*—ffdv‘, feL'(X,dV)
X X X

Er-@(FERX)



M B A 2 o £

MEZE(X,T,m): yEFSME.

ve«m —— 'VEel, m(E)=0=v(E)=0"
= lim v(E)=0, VEel

m(E)—0

—— <« m

Er-@(FERX)



B PR E

ALMESEN(X, ) vEfFSi

o

= sl R def
vBRMNE — v(X)| <o < y(A)l < VYAerl

HERR:  v(X) = v(A) + v(A°).

V(A)| = 00 = [v(X)| = .

Er-@(FERX)



A=2

o ENE

Er-@(FERX)



gNE

MEESE(X, L), XBIEEEE, c2X Bo-f#
o u: I —>CREME:
o u® =0

° u(ﬁAk)zzu(Ak) st s

Er-@(FERX)



SMERISEER. FERR. 4. Us

ME=E(X.T), vEENE

V=v— v

def
Vn—>V(:e>Vn(A)—>V(A), VYAel

ENEAERRZE T

Er-@(FERX)



SNENETENE

AMEEE(X, T, v 2ENE

2T ENE|:

Er-@(FERX)



GXELNE ST ENE, B8, FEHD

MEZE)(X,I,m), h eZ%X,m;C)

dv:=hdm—— d|v| = |h| dm

v(E) = j;_h am, VI(E flhl dm

Rev(E) :fReh dam, Imy(E) :flmh dm
E E

Er-@(FERX)



A7 5 B E X

AMEE(X, D), wy 2EMNE

vipg e== FWHX=X| [X: p(X)=0, v(X;)=0

Aid: w(E)=um(EnXy), v(E)=v(EnX.), YEeT

Er-@(FERX)



AU=SE(X,T), mEENE, y2EMNE

v<m &= "mE)=0=v(E)=0"

Er-@(FERX)



283 S LM BE AN AT S B AL T R A R i

MEZE(X,I,m), mZENE, vEENE

y < m, vim & v=0

A sl 5

LebesgueilllE L DiracillE (FIiE#) |

Er-@(FERX)



NEENAEEGFENE

o FLMZ[E(X, I EENE £ Banach=s 8]

o MEEEE(X,T, m) EEMERTEH:
IVl = MI(X) < o

o 45Bl:dv=hdm, he Z'(X, dm),

IVl = IlhllLr < eo

Er-@(FERX)



Hahn% fi# £ I8

AUZSE(X, ), vESENE

AFEEFTNE)FIDX = X, X :

>0, ifEcX,

<0, ifEcX..

Er-@(FERX)



Hahn 47 fi# E 38 A9 51+

MEZE)(X,I,m), he L"(X,dm,R)

SHFLMEDY =hdm,  JEEEFUE)ZNHX = AL |A:

A ={xe X:h(x) =0}, A_={xe X: h(x) <0}

>0, ifECA,

<0, fECA.

Er-@(FERX)



Jordan/y i E IE

ALz (E](X, ) ESEEy, ABRIEME u* -

ol = p*+u”

Er-@(FERX)



Jordanp R B IR RIAT

AR E] (X, M) ESEM B L

STME LI Hahn R © X = X, |_| X

p(E) = wENXy), w(E)=nEnX)

Er-@(FERX)



Radon-NikodymEIE

cHRMEZE(X,T,m), vEARFSUESENE

Athel’(X,m)
y<m <&—————— dv=hdm.

Fid: vEBREMNE — heltnL'(X,m)
IS hFRAME X T E miRadon-Nikodym $:#4, i A

dv
h=—
am

Er-@(FERX)



Lebesgue 3 iR E

AL E(X, T, m), VZEE(H%)”H\IJE, m, |vl2o B PR E
E”E("TT% ))JJ % Va,Vs :

a = absolutely continuous measure, s = singular measure

YV = Vg-+Vg
va < m, lvsl L m
dva = hdm  (h*Z—eL'(X,dm))

HE'IE éiv%IE/ﬁ‘JJFEHTL Va, Vs&%IEIIJI\IJrE



Cantor | E 2 & FEENE

Cantor ;M E:
o] 2 s 00 Cn 3
ula, b] = f(b) - f(a), f(nz_:1 ) = 2.5 ¢ =0,1.
e u([0,1]\C)=0, w(C)=1:
,U(Cn \ Cn+1) =0, M(Cn) =1

C=limCy, [0,1]\C= L)\ Casr.
n=1

o uix}=0:
i 1 | 1
Cn\Cpyq = I_I Ik.n, u(ln) = = diaml, = 3
k=1

Vx € C = () Cr= ulx} < p(lkyn) = 0.

n=1

Er-@(FERX)



O'Jﬁﬁﬁi)n\'lfﬁ?il‘ﬂ(X, r,m). VxeX={x}er.

vieo BRI E — JITE:
V ="V¢+Vd = Vac + Vsc + Vd
Vac < M, Vee L m, VgL m
Fig: vomBEUNE:  JIREEK, ve(KC) =0.
Ve EZME: YxeX = v({x})=0.

d=discrete, c=continuous

f54n: LebesgueiM B, HHUME.



AN

[
tl\

RKTEMNERE

N

\

feL'(X,d)

ffdv::(ffdvf—ffdvr_)+i(ffdvf—ffdv,-_)
X X X X X

'ffm<jﬁmm ffm_f7w
X X X X

LebesguetZ It & E 32 T 1575 3 B Fn & M FE A 3L

(RS FE Fn & B 7T 4 % 9 1E S )



RieszR~EIR: MER XERE; MWEMNERNGZE

WXZEEBEHausdorff2[8). 3 FCo(X) EEBIEBFLMZE

[:Ce(X) —R
(Al < MIfll, — f>0=I(f)>0)

FEME— X _ERadon I & u:

I(f) = fxfdﬂ.

. RiessR R R R BRSENE T Danieliis

Er-@(FERX)



’X =2 EEREHausdorffZS 8]

Co(X)BX EABEX EMEET L.

M(X)BX EEME 4.

= M(X) = C,(X)"  FIERH

Er-@(FERX)



